Proof. The theorem is vacuous if A is countable, so assume that A is uncountable and let ft be the smallest ordinal having the cardinality of the set A. Let Suppose that y<£l and that for each /3<y we have shown the existence of a subset 5s of A and a subset Is of I such that the following conditions are satisfied. Note that |S7,"| 5=Ko|7| for each positive integer w. Set 57 = U57," and J7 = U/7,". Then conditions (l)- (5) hold for 0^y. Obviously we can use the scheme described above to show the existence of countably infinite sets Si and 7i which satisfy conditions (1) and (2) University of Houston
